Limits are now a staple of introductory calculus courses, and pre-calculus courses as well. The formal idea of closeness is meant to settle disagreements on what the limit of a particular function, sequence, or series is. This was problematic at the time, as, without a formal idea of what it meant for an expression or sequence to approach a number, many mathematicians argued for various different limits for some problematic sequences and expressions.
Cauchy's ideas allowed a single reasonable idea to dominate, and it proliferated due to its compatibility with concretizing the previously rather loose ideas of derivatives and integrals.
The idea in English may be described as a way to settle a claim. We may only claim that a function f approaches a limit of L if we can show that, for any small interval around L, every value of f(x) around the input value lies within that small interval.
The epsilon and delta values just formalize how large those intervals may be.
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Although the idea of approaching a number via an infinite process
was around in various forms before the 17th century, it was during
this century that Cauchy and Weierstrauss formalized the idea of
finding the limit of a function in the form that we use todzy.
Basicall, the idea of a function’s output having a limit called L ata
particular input point i a formal way of saying that as we get closer
0 the input in question, the value of the function gets closer to

the limit value L. We need this type of formalism to explore

the values of functions that we either do not know the behavior
ofat the point in question, or that approach certain values

“at infinity”, which we cannot use normal algebra to evaluate.

In both cases, the problem exists at the point in question, so the
lmit formalism avoids the point entirely, and only concentrates on
the pair of intervals on cither side of the input, or the pair of inervals
on cither side of the proposed limit L
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