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�Anys�� Cw��¤ y = x + 1 T��d�� �� CwO�m�� T�Asm�� 	s�� :�A��

[0, 2] rtf�� Yl�

º�z�� ��C� ¨�� rtf�� �sq� :����

A1 = (.5)(1) + (.5)(1.5) + (.5)(2) + (.5)(2.5) = .5 + .75 + 1 + 1.25 = 3.5

A2 = (.5)(1.5) + (.5)(2) + (.5)(2.5) + (.5)(3) = .75 + 1 + 1.25 + 1.5 = 4.5
{`� d�w� ¢�� An¡ ^�®� 3.5 < A < 4.5 T�Asm��  � ¨�� Pl�� ¨�At�A�

AW`m�� rtf�� Yl� �kKl� Tyqyq��� T�Asm�� �mR ��d�¯ ¨t�� �VAnm��

�A�m�� ¨� rtf�� Anms� �Ð� ¢�� �tnts� ¨�At�A�¤ .�W� Tbs� d�w� ¢�� ©� , [0, 2]
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rtq§ ¨t� ��An�� �W��� Tbs� �lq�  � �km§ r��� Ty¶z� ��rt� ©� ��As��

.(
Atk�A� (1-1) �A�� r\��) .rfOl� A§¤As�  wk§ ¤�

¢�� �tnts� An�A� rtfl� T§¤Astm�� º�z�¯�  d� w¡ n  � AnRr� wl�∑n
i=0 f(xi)∆xi �kK�� �� �y�A�m� n → ∞ A�dn� T§Ah� ¨¡ A T�Asm��

.[xi−1, xi] Ty¶z��� rtf�� �wV w¡ ∆xi = xi − xi−1 �y�
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��Ð¤ �m��� Tylm`� �¶Aq���¤ Q�w��� {`� Yl�  ¯� �r`t� �wF

A� Yn�n� �� T�Asm��  A�§�� Tql`tm�� ��º�r�¯� �h� Anyl� �hsy�

:�m��� Q�w�

¢� z�r§ �A�C¯� ©@¡ �wm��  A� .{a1, a2, ..., an} �A�C¯� T�wm�� An§d� �ky�

z�r�A�

n∑
k=1

ak = a1 + a2 + ...+ an.

:�¶Aq�

: A� .n > m  A�¤ c �A�  d�¤ m,n �y�y�} �§ d� ©¯

•
n∑

k=1

c = nc,

•
n∑

k=m

c = (n−m+ 1)c,

•
n∑

k=1

cxk = c

n∑
k=1

xk,

•
n∑

k=1

(xk ± yk) =

n∑
k=1

xk ±
n∑

k=1

yk.

:(Tmh�) T§r\�∑n
i=1 i = n(n+1)

2 , •∑n
i=1 i

2 = n(n+1)(2n+1)
6 , •∑n

i=1 i
3 =

(
n(n+1)

2

)2
•
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	s�� :�A��∑7
k=1 6 •

∑100
k=1 k •

∑12
k=1 k

2 •

α = 4  A� �Ð� •∑3
k=1(k + α)
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: Am§C �wm��

:�§r`�

�Ð� [a, b] Tql�m�� rtfl� A·§z�� Yms� P = {x0, x1, x2, ..., xn} T�wm�m�� (�)

: A�

a = x0 < x1 < x2 < ... < xn−1 < xn = b

∆x1 = x1 − x0
∆x2 = x2 − x1...

∆xn = xn − xn−1

 � �y�� ,i Tb�r�� �� Ty¶z��� rtf�A� [xi−1, xi] rtf�� Yms�¤

∆xi = xi − xi−1 w¡ [xi−1, xi] Ty¶z��� rtf�� �wV

:�y� ||P || z�r�A� ¢� z�r§¤ ¹z�t�� xAyqm� Yms§ P (
)

||P || = max{∆x1,∆x2,∆x3, ...,∆xn}

i = 1, 2, ..., n �k� ∆xi = xi − xi−1 �y�

.Ty¶z� rt� �wV� �wV w¡ P ¹z�t�� xAyq�  � ©�

: A� �Ð� Am\tn� P ¹z�t�� Yms§ (�)

∆x1 = ∆x2 = ∆x3 = ... = ∆xn

 wk§ [a, b] rtfl� º�z�¯� �� n  d`� �\tnm�� ¹z�t�� T�A� ¨� ¢�� ^�®�

∆xi = xi − xi−1 =
b− a
n

x0 = a, xn = b

xi = a+
i(b− a)

n
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�� [a, b] rtfl� ||P || ¹z�t�� xAyq� Yl� �O��  � Annkm§ An¡ ��¤

||P || = b− a
n

n→∞ A�dn� ||P || → 0 ¢�� �tnts�¤


Atk�A� (3-1) , (2-1) �A�� r\��
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:�§r`�

¹z�t�� Yl� T�®� w �kt�¤ [a, b] rtfl� A·§z�� P = {x0, x1, x2, ..., xn} �ky�

z�r�A� w T�®`�A� P ¹z�t�� Yl� f T��dl�  Am§C �wm�m� z�r§ ¨�Atb�A� .P
:¨l§Am� �r`§¤ S(f, P,w)

S(f, P,w) =
n∑

i=1

f(wi)∆xi

T�Asm�� Yl� �wO�l� Tq§rV w¡  Am§C �wm��  � �wq�� �km§ :T\�®�

�kK�A� �Rw� w¡ Am�¤ .�Anys�� Cw��¤ A� Yn�n� �� CwO�m�� Tyb§rqt��

 Ay� �� T�Asm�� 
rq§ �lS� T�As� �� CAb� w¡  Am§C �wm��  � ¨�At��

f ≥ 0  A� �Ð� f
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rtfl� º�z�� T`�C� ¨�� �\tnm�� ¹z�t�� w¡ P = {1, 2, 3, 4} �ky� :�A��

£@h�  Am§C �wm�� d�¤� .f(x) = y = 2x+ 1 T��dl� w = (1, 2, 3) �kt�¤ [1, 4]
.T��d��

:����

�y�� , [1, 4] rtfl� �\tn� P ¹z�t��  � ^�®�

a = x0 = 1, x1 = 2, x2 = 3, x3 = 4 = b

 �� �\tn� ¹z�t��  � Am�¤ n = 3 An¡ rtfl� T¶z�m�� ��rtf��  d� An§d�

An¡¤ T§¤Ast� ∆x ��rtf�� �wV

∆x =
b− a
n

=
4− 1

3
= 1

S(f, P, w) =

n∑
i=1

f(wi)∆xi

= f(w1)∆x1 + f(w2)∆x2 + f(w3)∆x3

= (3)(1) + (5)(1) + (7)(1)

= 15

An§d�  A� �Ð� ��As�� �A�m�� �� :�§rm�

w1 = 1.5, w2 = 2.5, w3 = 3.5
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